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A nonempty, bounded, closed and convex subset C of a Banach space X has
the fixed point property (briefly, FPP) if each nonexpansive mapping T : C → C
(i.e., ∥T (x) − T (y)∥ ≤ ∥x− y∥ for all x, y ∈ C) has a fixed point. A dual space
X∗ is said to have the σ(X∗, X)-fixed point property (briefly, σ(X∗, X)-FPP) if
every nonempty, convex, σ(X∗, X)-compact set C ⊂ X∗ has the FPP. We say
that X∗ enjoys the stable σ(X∗, X)-FPP if there exists γ > 1 such that Y ∗ has
the σ(Y ∗, Y )-FPP whenever the Banach–Mazur distance d(X,Y ) < γ.

We give several characterizations of all preduals X of ℓ1 such that X∗ has
the stable σ(ℓ1, X)-FPP.
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